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541.
ON THE RECIPROCAL OF A CERTAIN EQUATION OF A CONIC.

[From the Messenger of Mathematics, vol. 1. (1872), pp. 120, 121.]

TeE following formula is useful in various problems relating to conics: the

reciprocal equation of the conic
A (az+ by + c2) (o + by +¢'2) — p(a"x + b"y + ¢"2) (@ + by + "2) =0
may be written indifferent in either of the forms
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In fact, in the reciprocal equation, seeking for the coefficient of £, it is

{x (bc + blc) [L(b” 17”7 + bl/l //)} (2hbb’ 2/Jcb”b”’) (27\.06 ok 2/1/0” ///),

viz. this is
2bb/ % HI+ 2b//blﬂcci
A2 (be —be)2+ p2 (b7¢” —b"'¢")? + 2\ >
( ) P’ ( ) F’ {_(bc + blc)(bllcnl + blllcll)}
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or, as it may be written,
2bblcllclll + 2bllblllccl
{x (bcl da! blc) i‘ /L (bllclll = blllcll)}g + 2All, S (bcl+ blc) (bllclll + bl/lc”) i
? (bcl_ blc) (bl’clll e blllcll)
Taking the upper signs, this is

{X (bcl dety blc) + “ (b”clll g b”/cll)}2 + 4%’-‘1 < bblcllclll + bllblllccl>
— beb"e” — bob"e")

viz, the term in Ap is
+ dap (be” = b"c) (b'e” — b7¢).
Taking the lower signs, it is

{X (bc/ & b/c) 2 /‘ (b’lclll . b'llc”)}g + 4),# ( bblc//clll + bllblllccl>
Kk bclblllcll s b/cbl/clll !

viz. the term in Ap is g
+ 4ap (be” —b"c) (b'c” —b"¢).

And it is thence easy to infer the forms of the other coefficients, and to arrive at
the foregoing result.
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